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Abstract

lnthispaper,weextendShigaFImaka，sresultondeFin6tti，s

theoremfbrグーfinitemeasuresonRoo1{O）Theirresultisre
strictedtomeasureswithamomentcondition・Weremovethis

restriction．

llntroduction

rbrameasurePon(ＲＢ(R)),wedenotebyPoothemeasureon
(R･･,Ｂ(R゜･))generatedbytheinfiniteproductofPTopologicalspace
ofprobabilitymeasuresonRendowedwiththetopologydefinedby
theweakconvergenceisdenotedbyP(R）ThefbllowingdeFin6tti's
theoremiswellknown(refer[1D

Theoreml・lＬｅｔｌｕｂｅｑｐｍ６ｑＭｊｔｙｍｅｑｓｕ花ｏｎ(ROC,Ｂ(ROC)）〃
jsezc/Dqn9eqbleヴロndonlZﾉｳﾞｵﾊe花ｉｓｑＰｍｂｑＭｉｔＺ/meqsmhe〃ｏ〃

(Ｐ(R),Ｂ(ｱ(R)))Sucht/､ｔ

〃仏ﾄﾉ(煙,P-(小(`P）
/ｂＭｅＢ(R｡｡）Themeas2‘，wlistmi9ue肌etermi"ed6妙

Wecallthemeasure〃mixingmeasureof仏Exchangeabilitymeans
theinvarianceunderanypermutation、Precisedefinitionoftheex-

changeabilitywillbegiveninthenextsection・DeFin6tti'stheorem

iseasilyextendedtofinitemeasures．
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Ｉ、[2IShigaandTanakaproveddeFin6tti，stheoremfbraclass
ofひ-finitemeasuresonRoMO}・WedenoteRool{O｝byETheir
statementisthefbllowmg．

Theorem1.2ＬｅＭＭＭＤｅａｓｕ形o〃(E,Ｂ(E))sat蜘伽

小'2ﾊ'ﾙ(`露)<゜.， (1)

uﾉﾊｅｍｅｚ１ｉｓｔ/ＤＢﾉｶﾞrwstcomPone仰ｔｑ/ｚＥＥＴ/be、川sezchqn9e(L6Je

ヴ`mdWlJZノヴthe花α花meqSW℃s〃ｏ伽(ｱ(R),Ｂ(ｱ(R))）α"。β・〃

(ＷＯ}川{O}))拠螂,几(凪)(liM}('範|劉八,)P(`鰺)ﾙ(｡p)<ｏｏ
ｑＷｋｌ{｡}(|zl2A1)β(｡z)〈｡｡,花SpectiMZ/,ＭｔｔＭ

ﾑ図P.｡(小("）

＋ﾉ(,,.)二'両卜１Ｍ蝋川）

似い）

たＭＥＢ(Ｅ）

Theaboveresultisinterestmgbecausethereappearstheadditional

secondtermintherighthandsideof(2)Theproofoftheabove
theoremisbasedonachoiceofaspecialexchangeablefUnctionon

R･ｏａｎｄｔｈｅｃｏｍｐｌｅｔｅｎｅｓｓｏｆＬ２ｓｐａ妃eWeextendtheirresultto
generalo-finitemeasureson(E,Ｂ(E))withoutthemomentcondition
(1)AlthoughthemainlineofourprooffbllowsShiga-Tanaka，sproof，
westatethefullprooffOrcompleteness・Themainpointofourproof

isauseofaspecificpositiveL2fUnction(Lemmaal）

２Mainresults

Definition２．１WbsaZ/伽tqmeasuﾂHe〃o"(ROC,Ｂ(R｡｡))isezcha"ge-
q6JeWbrqnyposjtjuejnte9ernq7Wbrq"yperwzutqtionoq/nlette7ws
"(O(A))＝ノリ(A)んｒＡｅＢ(ROC),ZUhe７℃

◎(A)＝{(Ｚ｡(1),…,範。(”),⑰翻十,,…）：(z,,…,z",〃ね+,,…）ｅＡ｝
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ThefbllowingisanextensionofShig針nanaka，sresult．

Theorem2､１Let〃beameqsmleon(E,Ｂ(E))ｓａｔ馴れ９

ノリ({鰯ｅＲ；|⑰|＞E}ｘＲｏｏ)＜CＯ (3)

/brq〃Z/Ｅ＞０．Ｔｈｅｎ川sezcha〃geqbleヴ(Ｍｏ"JZﾉｳﾞｵﾊemeq7℃ｍｅａｓｗ'ｅｓ
〃。〃(Ｐ(R),Ｂ(の(R))）｡"ｄｐｏｎ(R({ＯｆＢ(R({O}))Ｓａｔ噸j"９

ﾉL,鋤P(…に'>`ﾙ(`P)… (4)

ａＭ

ｐ({ｍＥＲ:lzl〉E})＜oq

meSpectjuely,/ｂｒｑｎｙＥ＞OstLcﾊｵﾊａｔ

(5)

ﾉＬＩ風,Ｐ－ＭＰ１

ＭｌＭ.,二'歳冤伽MMU

ｊｕｕ）

/bＭＥＢ(E)Ｔﾉｶe”r(",β)istmj9ueJZ/determj"ed6z/似．

WeobtainanotherversionofdeFinetti，stheoremfbranotherclass

ofひ-finitemeasures．

Theorem2､２Let皿eqmeqsumeo〃(E,Ｂ(E))sqtj”i"９

以({ＺｅＲ:Ｏ＜|⑰|＜Ｍ}ｘＲｏ｡)＜･･

/ｉｏｗＷＭ＞ＯＴ/be冗以ISC⑪cAqn9eu6lelWlMonlZノヴthe7℃α花
meqsuﾂwesl'０m(ｱ(R),Ｂ(ｱ(R))池"｡,００〃(R,Ｂ(R))satia/i/ｍ９

ﾑ噸)P({塑匡Ⅲ<'`'Ｍﾙ(")<･゜
ｕｎｄ

β({ｚＥＲ:０＜|zl＜Ｍ))＜・・，
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〃仏トノL,卿P-uﾙ("）

ＭｌＭ鋤二(内卜MMm
九ＭＥＢ(Ｅ）Ｔ/tepqir(",β)jsunj9uelz/determj"ed6w．

３ＰｒｏｏｆＳｏｆＴｈｅｏｒｅｍｓａｎｄＲｅｍａｒｋｓ

Ｌｅｍｍａ３・lSUpposetAQt〃jsqmeqsumeon(E,Ｂ(E))ｓａｔ噸ing(3)
/brq"Z/Ｅ＞ＯLet似,(｡Z)＝似(｡Ｚ×RoomndJet

，(鰯１－化鵬:;妻'１焼ﾐＩｌ
ｍｅ"，

ルー馴'麹M`露)…
ＰｒｏｏｆＷｅｈａｕｅ

止耐(蕊胆(`ルノIlMO1饅-m'釧鰹他１
－ﾉｌｌｗ１｡-'職'…'Ｍ)+M`壁)）
≦ﾉＩｋ(.)い(．Ｍ璽附釧螂塗)）
≦ｺﾉ(.｡．一物+ﾉ(;Ⅷ圏一献罎川遡I
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mespectjMZ/，n7Dd

｛
牝({ｙｅＲ:zノニｚ}）んγｚ＞０，
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刀化）
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