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ＴＡＫＡＨＩＲｏＳｕＤｏ

AsnoticedandkindlypointedoutbyAlainValetteMR2493871(2010a：
19004),MathematicalReviewsontheWebfbrthepaper[2]ofSudo,the
fbllowingstatementisnotcorrect：

ＬｅｍｍａＬＬ２・Ｌｅ川＊ｑ３６ｅ仇e/MMweepmoductqfC*‐qJ9ebmCLs狐cMfB，
Suppose伽t仇emeezjstsqcommonO*-smM9ebmCqf別ｑＭｑａＴｂｅＭﾉｂｅ
/blJou）ｍ９ｊｓｅｚｑｃｔ：

Ｏ→Ｋ鵬(c)→Ｋ鴨(劇)＄Ｋ(２Ｓ)→(Ｌ(瓢)①Ｋ*(sB))/脇(c)→０

んr＊＝0,1,memeqKWZeor1/class[plqfKO(C)ｉｓ'Mppedto([p],－[p])E
KO(則)＄ＫＯ(!B)αndMMbeorZ/class[ｕＭＫ,(C)ｉｓｍ〔Wedto(Ｍ,[U-1])ｅ
Ｋ１(瓢)＄Ｋ１ＣＢ)．

Ｐｍｑｆ/brMn9notcormectProvidedbyAlainValetteisacounterexample
asfO11owsLet別＝ひ(E2)ａｎｄＢ＝ぴ(Fh）thefilllgroupC*‐algebras
ofthefreegroupsoftwogeneratorscu,ｂａｎｄｃ,drespectivelybLetCbe
theC*‐subalgebraof瓢generatedbya6q-16-'Identifj'ＣｗｉｔｈｔｈｅＯ*‐
subalgebraofBgeneratedbycdc-1d-1・Inthiscase,themapfromK,(C)ｔｏ
Ｋ,(則)＄Ｋ１(Ｂ)isthezeromap,ｂｕｔＫ,(C)二Ｋ,(O*(Z))二Ｋ,(Ｃ(T))=Z
Hence,themapisnotinjectivelndeed,theclass[q6a-16-1]ｉｎＫ,(C)is
justthegenerator,notequalto[1],but[q6q-16-1]＝[α][bルー'][6-1]＝[1］
ｉｎＫ,(瓢)．□

Ｔｏｒｅｍｅｄｙｉｔｔｏｂｅｃｏｒｒｅｃｔ，wehavethefOllowing：
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Ｌｅｍｍａｌ・L2revised・ＬｅＭ＊!Ｂｂｅ仇e九JMveepmoductqfひ一山ｅ６ｍｓ

別αMSB・SUpposefMt/Ｗｅｅｚｊｓｔｓｑｃｏｍｍｏｎひ－８２‘Ｍｇｅ６ｍＣｑｆ瓢cM
1B．Ｔ/Zentbe/blIouﾉjn9jsezqct：

Ｏ→L*Ｋ叢(c)-→Ｋ*(Q()①ＫＷＢ)→(Ｋ*(則)＄Ｋ*(q3)汕率Ｋ*(c)→０

/ｂｒ＊＝０，１，ｕ）ｈｅ７℃ｑＫ－ｔ/ZeorZ/Ｃｌ(LSS[P]ｑ/ＫＯ(C）jsmcLppedbZ/し＊ｔｏ
([P],－[p])ＥＫＯ(劇)＄ＫＯ(fB汕刎α川/ZeorZﾉclass[u]ｑｆＫ,(C)ｉｓｍ叩ped6Zノ
Ｍｏ([u],[u-1])ＥＫ,(別)＄Ｋ,(fB),andし*Ｋ*(C)ｍｅｑｎＭｈｅｍｑ９ｅｑ/Ｋ*に）
ｕＭｅｒＬ*．

TherestoftheproofSin[2]dependingonthatwronglemmawillwork
onthiscorrectbasement(ifnoothermistakes),byreplacingseveralplaces
applieｄｂｙｔｈｅｌｅｍｍａ．

Asfbrthecomputationinthepaper[2]ontheK-theoryofthefUllgroup
C*-algebraO*(SLn(Z)）ｏｆＳＬ"(Z)toyieldafinitelygeneratedgroupfbr
KbandthetrivialgroupfbrK1,ＡｌａｎValettealsopointsoutthatthecom‐

putationcontradictstoaknownfact(ofWang[３ＤthatfbrGaresidually
finitegroupｗｉthKazhdan，spropertyT,theKb-groupKb(C識(Ｇ))contains
acopyofthefreeabeliangrouponcountablymanygenerators・Indeed,if7T

isann-dimensionalirreduciblerepresentationofび(G),。nehasthedirect

sumdecomposition：ひ(Ｇ)＝ker(汀)＄Ｍｈ(C),sothatKb(Ｍ､(C)）二Z
isafreesummandoMb(ひ(Ｇ))Inotherwords,theequivalenceclassof
7Tisanisolatedpointinthespectrumofひ(Ｇ)．Hence,ＫＯ(Ｃ*(SLn(Z))）
containsacountablyinfinitedirectsumofZ

ThiserrorcomesfrominterpretingincorrectlySoul6，sdescription[1]on
SLn(Z)(、三３)asamulti-amalgamofitssubgroups・Thepointisthatin
thepaper[2],SLn(Z)isviewedasafinitemulti-amalgamofitssubgroups
Thisisnotcorrect・Toremedyittobecorrect,ＳＬｎ(Z)shouldbeviewedas
aninfinitemulti-amalgamofitssubgroupsThatis,ＳＬｎ(Z)isaninductive
limitoffinitemulti-amalgamsofitssubgroups，ｓｏｔｈａｔｔｈｅＫ－ｔｈｅｏｒｙｏｆ

ひ(SL"(Z))iscomputedasaninductivelimitofthatofthefUllgroupC*‐
algebrasoffinitemulti-amalgamsofitssubgroups，wheretheconnecting

mapsarenotnecessarilyinjective・Sincethecaseoffinitemulti-amalgams

canbedoneinthepaper[2]withthosecorrections,itshouldfbllowthat
KOofC*(SLn(Z))isaninductivelimitoffinitelygeneratedgroupsandK1
triviaL

Ｎｏｔｅ・Sincethedeadlinefbrsubmittingpaperstothisvolumewas

fbrtunatelypostponed，theauthorcouldreadtimelythereviewitemon

theweb,andquicklyrevisedittobecorrect(probably)．
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